multivariate Beta distribution. This article seeks to prove the two conjectures. The latter result is then extended to the case of the singular multivariate F distribution, and the respective density functions are located for the nonzero positive eigenvalues of the singular Beta and F matrices.
Introduction. Let
This article proves both conjectures in the general case, that is, when 1 F n F m. The proof of the singular multivariate Beta density is given as a Ž . consequence of the proof of the conjecture of the Jacobian see Theorem 2 . The proof presented in the calculation of the Jacobian of the transformation 
and thus the density functions are given, respectively, by
and etr и denotes exp tr и . The Jacobian
. the variable change theorem, it is known 1 , page 166 that
This follows because
Ž .
We also have
Ž . Ž . Ž . Ž . Substituting 3 , 4 and 5 in 1 , we have
and therefore
Ž . Finally, the other two expressions for dX are obtained from 2 and 3 and < < < X < from the fact that A s A . I An alternative proof to that given in Theorem 1 may be developed by assuming that the conjecture is true; from the density of X, and employing this Jacobian, we then find the density of Y, and the desired result is then found by the variable change theorem w x The following theorem proves the second conjective proposed by Uhlig 4 in his Theorem 7. Taking into account Theorem 1, the proof is identical to that given for w x Theorem 7 4 .
One consequence of the above result is the F singular density function, w x also called Beta Type II; 3 page 92. 
Then the density of F on the S S with respect to the volume element dF on m, p this space defined above is
Then the joint density of A and
where
Žym nqn
remembering that T is a function of B, the joint density of B and F is given by
2
Ž w x The result follows from integrating with respect to B ) 0 see 2 , page 61, . Theorem 2.1.11 .
Finally, we find the density functions of the nonzero eigenvalues of the Beta and F matrices.
where , ␦ , i s 1, . . . , n, are the nonzero eigenvalues of U and F, respectively. Substituting these results in the density of U and given that 
Ž .
Ž . ii The proof is analagous to that of the above part i . I
